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a b s t r a c t
State-of-the-art packed bed models supply continuous concentration proﬁles as boundary conditions for
subsequent CFD simulations of gas phase, leading to pre-mixed combustion conditions. However, in reality the
“porous” nature of the packed bed leads to streak formation inﬂuencing gas mixing and combustion. Therefore,
in the present work, in order to account for the inﬂuence of the streaks on gas phase combustion, a gas streak
model based on a correlation between the local gas residence time and a mixing time has been developed
based on numerical simulations. Finally, the streak model was linked with an in-housed developed hybrid gas
phase combustion model suitable for laminar to highly turbulent ﬂow conditions and applied for an underfeed pellet stoker furnace (20 kWth) concerning the simulation of gas phase combustion and NOx formation.
The results in comparison with a simulation without the streak formation model show that the ﬂue gas species
prediction can be improved with the proposed streak formation model. Especially, in the region above the fuel
bed (in the primary combustion chamber), this is of special importance for NOx reduction by primary measures.
© 2015 Elsevier B.V. All rights reserved.

1. Introduction and objectives
CFD modelling is becoming increasingly important for the development and optimisation of biomass grate furnaces. Here, gas phase
combustion models play a key role concerning predictions of ﬂow, temperature, and gaseous emissions (e.g. CO and NOx).
The mode of gas combustion in a grate furnace can be classiﬁed as
partially premixed with a locally differing mixing degree of oxidiser
and fuel, whereas in this context the reactive gases released from the
combusting biomass particles in the fuel bed are to be understood as
(gaseous) fuel.
An empirical packed bed model developed by BIOS in cooperation
with TU Graz [1–3] is usually being used at BIOENERGY 2020+ for the
calculation of composition, temperature and velocity of the ﬂue gas
leaving the fuel bed. The empirical packed bed model, as most of the
common packed bed models, calculates proﬁles of partially premixed
ﬂue gas compositions not considering spatial concentration gradients
of oxygen and volatiles, since the fuel particles and the surrounding
space cannot be resolved. However, in reality, the amount and distribution of combustibles and oxidiser in the gas released from the biomass
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particles in the fuel bed are locally strongly differing, which is termed
here as streak formation, inﬂuencing gas mixing and combustion.
Therefore, in this paper, a model which accounts for the inﬂuence of
the streaks on gas phase mixing and reactions (e.g. combustion and NOx
formation) is introduced. The streak model is based on a correlation between the gas residence time and mixing time above the fuel bed,
whereas the mixing time is deﬁned as the necessary residence time to
reach the fully mixed condition.
To derive the mixing time, a CFD case study with an ideally packed
bed with spheres as fuel particles and non-reacting ﬂow was performed
to numerically derive the mixing time in dependence of relevant
inﬂuencing parameters. The particle diameter was derived from the volume to surface area ratio of pellets according to EU standard [4,5]. The
volatiles were represented by CO2 released from the surface of the particles. The volatile release rate from a single particle was approximated
with an in-house developed model [6] for single particle conversion.
The inﬂuence of relevant parameters, like bed height, volatile mass
ﬂow rate and particle Reynolds number (calculated with the bulk ﬂow
velocity of primary air below the bed and the particle diameter), on
mixing time was investigated.
In the next step, the model was linked with an in-house developed
hybrid gas phase combustion model suitable for laminar as well as moderately to highly turbulent combustion conditions [7] and tested for a
20 kWth under-feed pellet stoker furnace concerning the simulation of
gas phase combustion and NOx formation. The gas phase mixing and
reaction progress is highly inﬂuenced by laminar and low turbulence
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zones in the regions above the fuel bed and in small-scale biomass combustion applications in general. Therefore, the application of the hybrid
model is relevant.
In order to highlight the advantages of the hybrid model and the
streak formation model for the simulation of small-scale furnaces in
terms of combustion and emission predictions, additional simulations
were performed with different CFD gas phase reaction models like the
eddy dissipation model (EDM) [8] and the eddy dissipation concept
(EDC) [9]. All the simulations were performed with ANSYS® FLUENT®
release 15.0. For the purpose of model evaluation, the simulation results
were compared with CO and NOx emission measurements.
2. Methodology
Firstly, an overview of the models applied for the case studies is
given in the modelling section. Then, the non-reacting packed bed simulations for the derivation of the parameters of the streak formation
model are described. Finally, the case study with the under-feed pellet
stoker grate furnace for the test and evaluation of the streak formation
model is introduced.
2.1. Modelling
In this chapter, the models used for the non-reacting packed bed
simulations as well as the grate furnace simulations are explained.
Then, the hybrid gas phase combustion model which is utilised for the
grate furnace simulations is introduced. Finally, the streak formation
model is presented.
2.1.1. Model overview
2.1.1.1. Case study with ideally packed bed. For the derivation of streak
formation parameters, non-reacting multi-species simulations with an
ideally packed bed with spheres have been performed. The SST k–ω
low Reynolds turbulence model is applied to cover the whole range of
ﬂow conditions from laminar to turbulent ﬂows in biomass grate
furnaces. The primary air is injected uniformly below the fuel particles
whereas the grate has been neglected. CO2 is taken as trace species
representing the volatiles release through the particle surface. To
estimate the degree of mixing, a mixing state is deﬁned (see
Section 2.1.3). The mixing time is evaluated based on an estimated
residence time to achieve a certain degree of mixing. The gas residence time is calculated by solving a scalar transport equation.
2.1.1.2. Furnace simulation. For the simulation of the under-feed stoker
furnace, the following models have been applied: an empirical model
developed by BIOS in cooperation with TU Graz [1–3] is used to describe
the thermal decomposition of the solid biomass fuel. The model consists
mainly of three parts. The deﬁnition of one-dimensional proﬁles along
the grate concerning the degradation of the fuel components as well
as fuel drying (part 1: based on assumptions and experimental data
from test runs). In combination with the deﬁnition of conversion parameters (based on assumptions as well as experimental and literature
data), which describe the formation of the most important ﬂue gas components CH4, CO, CO2, H2, H2O, and O2 as well as the NOx precursors
NH3, HCN and NO (part 2), the stepwise balancing of mass and energy
ﬂuxes released from the fuel bed is possible (part 3) [1–3]. The calculation results are used as boundary proﬁles for subsequent CFD simulations of the reactive ﬂow in the furnace.
The EDM, the EDC and hybrid gas phase reaction models were used
for the simulations of turbulent reactive ﬂow in the combustion chamber. The solution of the EDM simulation, which is specially adapted for
biomass grate furnaces with a global 3-step reaction mechanism [1,10,
11], was used as starting solution for the subsequent EDC and hybrid
model simulations. In the case of the hybrid model, an additional simulation was performed by taking into account the effect of streak

formation. The latter will be referred to as hybrid-streak model
throughout the paper.
The In-Situ Adaptive Tabulation (ISAT) algorithm by Pope [12] has
been used to speed-up the CPU-intensive treatment of the detailed reaction kinetics for the EDC, hybrid and hybrid-streak simulations. The discrete ordinate model (DOM) model was applied to simulate radiative
heat transfer in the furnace. A domain based weighted-sum of graygases model (WSGGM) was used to calculate the absorption coefﬁcient
of the gas phase. Since the temperature and ﬂue gas species speciﬁed by
the empirical packed bed model are ﬁxed at the surface of the fuel bed,
there is no feedback from the freeboard on the bed model. The Realizable k–ε turbulence model was used for turbulence. Together with the
Realizable k–ε model, the enhanced wall treatment model is used,
which is a two-layer turbulence approach combined with enhanced
wall functions [13]. The model is valid throughout the near-wall region
(i.e., laminar sub-layer, buffer region, and fully-turbulent outer region).
Therefore, the model is supposed to be valid for low and high Reynolds
wall-bounded ﬂows. It should be noted that the SST k–ω low Reynolds
turbulence model was applied as suitable turbulence model above the
packed bed to predict the mixing time since the ﬂow is weakly turbulent. In the furnace simulation, the mixing delay due to the streaks,
which is assumed to be dominating over the turbulent mixing above
the bed, is considered with the streak model. Moreover, the Realizable
k–ε model gives considerably better results concerning the mixing of
round jets in gas streams [1,14] than the SST k–w model. The governing
equations consist of incompressible Favre-averaged transport equations
of continuity, momentum, energy, radiation, turbulence and species
conservation equations. A second-order upwind discretisation scheme
was used to solve all governing equations. Mass diffusion coefﬁcients
are required whenever species transport equations in multicomponent ﬂows are solved. The constant dilute approximation method with a value of 2.88 × 10−5 was used for the diffusion coefﬁcient
of each species in the mixture. An overview of the solution algorithm
used for the furnace simulations with different gas phase reaction
models is shown in Fig. 1. Under the assumption that NOx formation reactions do not signiﬁcantly inﬂuence the ﬂow pattern in the furnace, a
time saving 2-step approach is applied for CFD simulations. The basic
gas phase combustion simulation has been performed using the EDC,
hybrid and hybrid-streak combustion models with the C\\H\\O subset
of the Skeletal Kilpinen97 mechanism (12 species and 25 reactions)
[15], which has extensively been validated for grate furnaces [15]. The
subsequent CFD simulation of gas phase fuel NOx formation in a postprocessing mode has been done using the EDC, hybrid and hybridstreak models in combination with a detailed reaction mechanism (28
species and 102 reactions in total) [15]. Here, it is worth to mention
that, the EDM in combination with global reaction mechanisms is not
able to describe complex interactions of turbulence and multi-step reaction kinetics as given in the case of NOx formation in biomass combustion plants. Therefore, the NOx simulations reported in this paper
were only performed with the EDC, the hybrid and the hybrid-streak
model.
2.1.2. Hybrid gas phase reaction model
2.1.2.1. Bulk ﬂow. An in-house developed hybrid gas phase reaction
model, suitable for laminar to highly turbulent ﬂows, has been applied
for the simulation of the reacting gas ﬂow. In particular, in the region
above the fuel bed and in small-scale biomass combustion plants, gas
phase mixing is highly inﬂuenced by laminar and low turbulence
zones. Here, the eddy break-up combustion models are not valid because they were originally developed for highly turbulent ﬂows. Therefore, a hybrid eddy dissipation concept (EDC)/ﬁnite rate kinetics model
(FRK) has been developed, which calculates the effective reaction rate
from laminar ﬁnite rate kinetics and the turbulent reaction rate and
weights them depending on the local turbulent Reynolds number of
the ﬂow.
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Fig. 1. Overview of the solution algorithm.

For a multi-component system, the species mass conservation equation is deﬁned as follows;


!
∂
!
ðρYi Þ þ ∇  ρ υ Yi ¼ −∇  J i þ Ri
∂t

ð1Þ

!
where ρ is the mixture density, Yi is the mass fraction of species i, υ is
!
the velocity vector, J i is the diffusion ﬂux of species i due to concentration gradients, and Ri is the net rate of production of species i by chemical reactions.
In the hybrid model, the mean chemical reaction (second term in the
right hand side of Eq. (1)) is modelled as:

ðRi ÞHybrid ¼




2
Ret −1
ðRi Þ FRK þ
ðRi ÞEDC
1 þ Ret
1 þ Ret

ð2Þ

where (Ri)FRK is the FRK mean reaction rate, the term (Ri)EDC is the mean
reaction rate calculated by the EDC model and Ret is the turbulent
Reynolds number which is deﬁned as follows:
2

Ret ¼

ρk
:
νε

ð3Þ

In the laminar range, the reaction rate is calculated with pure ﬁnite
rate kinetics and in the highly turbulent region with the EDC. In the
transition region around Ret = 64, the overall reaction rate is calculated
as the sum of the weighted reaction rates of ﬁnite rate kinetics and the
EDC. In other words, the overall reaction rate is determined as a linear
combination of the two reaction rates. The hybrid model has been extensively validated for a series of diffusion jet ﬂames covering laminar,
transitional, and turbulent ﬂow conditions. A detail description of the
hybrid gas phase reaction model can be found in [7].
2.1.2.2. Near-wall combustion. In the hybrid gas phase reaction model,
the overall reaction rate is calculated by a weighted reaction rate. The
hybrid model gives results which are close to the FRK model when approaching the laminar regime, while the results are close to the EDC in
the high turbulence region. The weighting factors in the hybrid model
are a function of the turbulent Reynolds number of the ﬂow. This imposes problems in the near wall region, when the ﬂow cannot be sufﬁciently resolved, which is true in most of the real-scale combustion

applications with wall-bounded ﬂows involved. One challenge in CFD
is how to treat the thin near-wall sublayer, where viscous effects are important. Generally, in turbulent wall ﬂows, two distinct zones exist near
the wall. Firstly, the viscous sublayer which is completely dominated by
viscous effects. The so-called “outer region” shows a nearly constant velocity with distance from the wall. Fig. 2 (left) shows the distinct areas
existing near the wall in turbulent wall ﬂows. A non-dimensional wall
distance (y+) is used to differentiate the regions that exist near the
wall. The y+ can be interpreted as a local Reynolds number with the
wall distance as length scale, so its magnitude deﬁnes also the relative
importance of viscous and turbulent processes [16]. To support this hypothesis, Fig. 2 (right) shows the fractional contributions of viscous and
Reynolds stresses to the total stress in the near-wall region of a channel
ﬂow taken from [16,17]. When the stresses are plotted against y+, the
proﬁles depicted for two Reynolds numbers almost collapse. The viscous contribution drops from 100% at the wall (y+ = 0) to 50% at
y+ = 12 and is less than 10 at y+ = 50.
Therefore, an accurate resolution of this layer can be crucial. This is
due to the steep gradient of the mean values (e.g. transport of mean momentum and other parameters) that occur in the boundary layer. There
are two approaches to model the near-wall-region. The most reliable
way is to use modiﬁed turbulence models (e.g. low-Re-number turbulence models) to resolve viscosity-affected region (i.e. near wall
regions) with a mesh which is ﬁne enough to resolve the steep gradients
near the wall, including the viscous sublayer. However, this can be very
computationally expensive, particularly in 3D cases. Hence, the traditional industrial solution is to use wall-functions for ﬂow modelling.
Enhanced wall treatment is a near-wall modelling method that combines a two-layer model (i.e. linear (laminar) and logarithmic (turbulent)) with enhanced wall functions. The method formulates the lawof-the-wall as a single wall law for the entire wall region. ANSYS®
FLUENT® achieves this by blending the linear (laminar) and logarithmic
(turbulent) laws-of-the-wall using a function suggested by Kader [13]
as follows:
Γ þ
uþ ¼ eΓ uþ
laminar þ e uturbulent
1

ð4Þ

where Γ is a blending function in dependence of y+ and is given by:
4

Γ¼−

0:01ðyþ Þ
1 þ 5yþ

ð5Þ
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Fig. 2. Areas of turbulent wall ﬂows (left) and fractional contributions of viscous and Reynolds stresses to total stress in the near-wall region of a channel ﬂow (right) (adapted from
Chapter 7 in [16]) taken from [17] (dashed lines, Re = 5600; solid lines, Re = 13,750).

where u+laminar and u+turbulent are the dimensionless velocities. The definitions of y+, u+laminar and u+turbulent can be found in [16]. Fig. 3 shows
the trend of the blending factors in dependence of the non-dimensional
wall distance (y+). This formula also guarantees the correct asymptotic
behaviour for large and small values of y+ and reasonable representation of velocity proﬁles in the cases where y+ falls inside the wall buffer
layer.
In the hybrid combustion model, close to the wall, the turbulent
Reynolds number of the ﬂow approaches zero and the reaction rate is
mainly calculated by the FRK model, despite the fact that the larger fraction of the ﬂow in the wall near cell is inﬂuenced by inertial forces
(Reynolds stresses). In conclusion, in reacting ﬂows, it is also a problem
of not sufﬁciently resolving the wall, which leads to the consideration of
ﬂow regime when calculating the reacting rate, while in reality there is a
rapid change of the ﬂow regimes in the boundary layer. To avoid this,
the reaction rate has to be weighted in dependence of the ﬂow regime
inside the wall cell. Therefore, the mean chemical reaction rate for the
near wall cells can be adjusted by blending the FRK and EDC models
using a function suggested by Kader [13] as follows:
ðRi Þwall ¼ eΓ ðRi Þ FRK þ eΓ ðRi ÞEDC
1

ð6Þ

where Γ is a blending function as deﬁned in Eq. (5). The usage of y+ in
the blending function represents the concept of local Reynolds number
of the ﬂow as earlier explained [16]. In this formulation, the FRK and the
EDC are weighted according to the fractional contributions of the

viscous and Reynolds stresses in the near-wall region and the overall reaction rate in the wall cell is calculated as the sum of the weighted reaction rates of the FRK and the EDC. As shown in Fig. 3, in the laminar
range (y+ b 5) the reaction rate is calculated with pure ﬁnite rate kinetics and in the turbulent region (y+ N 30) with the EDC. In the transition
region around y+ = 10 (i.e. buffer layer), the contribution of viscous
and Reynolds stresses is interchanging. Therefore, the overall reaction
rate in the wall cell is calculated by a combination of the two terms.
Hence, the overall reaction rate is weighted by two terms as a function
of y+.
This near wall combustion approach was implemented in the hybrid
model. The cases that have been simulated with the hybrid and the
hybrid-streak model in this paper utilise the near wall combustion approach embedded in the hybrid model.
2.1.3. Streak formation model
A streak formation model has been developed. The model is based
on a mixing time, where the gas streaks arising from the fuel bed are
fully mixed, and a correlation with the residence time of the ﬂue gas released from the fuel bed. In order to describe the mixing process above
the packed bed, a criterion has been deﬁned to calculate the mixing
state (MS) as follows:
MS ¼ 1−

Cfm −CðtÞ
:
Cfm

ð7Þ

Here, Cfm is the tracer gas concentration (here CO2) in the fully
mixed gas and C(t) is the local tracer gas (CO2) concentration in dependence of the mixing time. The residence time which is necessary to
reach the deﬁned mixing state (here, 0.99 b MS b 1.01 has been deﬁned)
is the mixing time tfm. Finally, the mixing function (MF) is the combination of the mixing time tfm and the gas residence time tgas:
MF ¼ min



tgas
;1
tfm

ð8Þ

where
MF
MF

Fig. 3. Trend of blending factors in dependence of y+.

0 (completely unmixed)
1 (completely mixed).
The mixing function provides information about the mixing quality
of the volatiles and the primary air, it varies between 0 (no mixing)
and 1 (fully mixed). The mixing time (tfm) is derived from the packed
bed case studies and is a constant value. Therefore, Eq. (8) can be considered as a linear correlation of tgas which is bounded between 0 and 1.
A user-deﬁned scalar approach (UDS) is used to calculate the gas
residence time inside the combustion unit. The approach proved to be
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valid for use in modelling heating, ventilation, air conditioning and hydraulic systems [18,19].
For an arbitrary scalar, φk (here gas residence time), the steady state
transport equation to be solved is given by [18,19]:


∂
∂φ
ρui φk −Γk k ¼ Sφk
∂xi
∂xi

ð9Þ

where, Γk is the diffusion coefﬁcient and Sφk is the source term.
The diffusivity of the UDS is deﬁned to be the same as of the ﬂue gas
since the residence time is transported and mixed with the gas ﬂow.
Therefore, in turbulent combustion ﬂows, the diffusivity of the UDS is
a function of the binary diffusivity, the turbulent and laminar viscosities,
and the turbulent Schmidt number and is deﬁned as follows [19]:
μ þ μt
Γk ¼ Db ρ þ l
Sct

ð10Þ

where, ρ is the density of the ﬂue gas, Db is the binary diffusivity of the
ﬂue gas (with a value of 2.88 × 10−5 which is also applied for the diffusion coefﬁcient of each species in the mixture), μl and μt are the laminar
and turbulent viscosities of the ﬂue gas and Sct is the turbulent Schmidt
number (with a value of 0.7 which is also applied for the species transport equation) deﬁned as:
μt
ρDt

Sct ¼

ð11Þ

where Dt is the turbulent diffusivity of the ﬂue gas. The effect of turbulence ﬂuctuations is taken into account in the calculation of residence
time implicitly since the effect of turbulent viscosity is considered in
the diffusivity of the scalar transport equation.
At time t the mass ﬂow rate of a ﬂuid into a cell is m•, therefore, the
value of the scalar when it enters the cell is m•t. When the ﬂuid leaves
the cell, its age is increased by Δt, therefore, the value of the scalar
when it leaves the cell is m•(t + Δt). In order to ﬁnd the time at
which the ﬂuid leaves, a source term is required equivalent to:
Sφk ¼

m• Δt
V

ð12Þ

where, m• is the mass ﬂow rate and V is the volume of the computational cell.
The source term is divided by the cell volume since it is applied on a
volumetric basis. Since neither the time nor the mass ﬂow rate through
the cell is known, the following relationship could be applied to simplify
the source term:
m• ¼ ρAu ¼ ρV•

ð13Þ

where A is the area of the cell and V• is the volumetric ﬂow rate.
By rearranging Eq. (13) we have
V• ¼

m•
ρ

ð14Þ

and since
Δt ¼

V
V•

ð15Þ

by substituting Eq. (14) into Eq. (15) we have

Δt ¼

Vρ
:
m•

ð16Þ
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Now, by substituting Eq. (16) into Eq. (12), the source term can be
found as follows:
Sφk ¼ ρ:

ð17Þ

A second-order upwind discretisation scheme was used to solve
Eq. (9). Eq. (9) has been implemented by a user-deﬁned function
(UDF) in ANSYS® FLUENT®.
Finally, the effective reaction rate is calculated by multiplying the
mixing function, which deﬁnes the macro-mixing state, with the reaction rate, calculated by the hybrid combustion model as follows:
ðRi ÞHybrid‐streak ¼ MF  ðRi ÞHybrid :

ð18Þ

Therefore, at positions where mixing is poor the rates of homogeneous reactions are damped which leads to streaks above the bed. The
term “streaks” is used to represent the deﬁnition of the mixing function.
2.2. Case study for the derivation of the streak formation model
A CFD study with an ideally packed bed with spheres as fuel particles
and non-reacting ﬂow has been performed in order to numerically derive the mixing time. The volatiles were represented by CO2 released
from the surface of the particles in the bed. The volatile release rate
from single particles was approximated by an in-house developed
layer model [6] for the conversion of thermally thick biomass particles.
In this parameter study, the following inﬂuencing parameters have
been investigated for a packed bed: bed height, volatile mass ﬂow rate
and bulk ﬂow velocity of primary air below the bed. The bed height
was varied by particle layers from 5 to 15 layers. During typical biomass
combustion conditions with air staging the most relevant components
released are H2O, CO2, CO, H2 and CH4 [20–22]. However, during packed
bed combustion, the dominant gas volume ﬂux is from the primary air
passing through the packed bed. In CFD simulations the density of the
mixture is usually considered as incompressible ideal-gas (due to the
low pressure changes) and mainly depends on the temperature inside
the combustion chamber that inﬂuences the volume ﬂow rate of the
volatiles released from the biomass particles. Furthermore, to qualify
the effect of mixing between primary air and volatiles the volatile composition plays no role, while the released volume ﬂow (which depends
on temperature) is important. Moreover, since a non-reacting simulation is performed, for the release rates only an average value can be estimated. Therefore, a sensitivity analysis concerning the inﬂuence of the
volatile release rate was performed. In order to cover the possible range
of released volume ﬂuxes, the estimated value of the reference case was
multiplied by a factor x. A typical volatile release rate was estimated
with the layer model; for the investigation of the sensitivity of the results on the release rates, this value has been varied between a factor
of 1 to 1.7. It could be shown that the inﬂuence of the release rate is
comparably low.
Bulk ﬂow velocity of primary air below the bed was varied between
0.1 and 7 (m s−1). In biomass grate furnaces, the ﬂow above the fuel bed
is typically in the low Re range. Usually, the primary air velocity fed
below the grate may vary between 0.1 and 7 (m s−1). The values are
gained from an in-house developed empirical packed bed model
[1–3]. Therefore, to cover all ranges of ﬂow conditions for small to
large-scale biomass combustion plants, a sensitivity analysis has been
performed.
The diameter of the spheres was approximated based on the volume
to surface area ratio of pellets according to the respective EU standard
[4,5]. As mentioned, the study has been performed for pellets as fuel.
However, the simulation results can be applied for all particle sizes by
applying the particle Reynolds number for the look-up table where
the results are summarised. Here, three parameter studies with an ideally packed bed with the different bed heights and number of particle
layers, respectively, were performed in order to calculate the mixing
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time in dependence of the inﬂuencing parameters. Fig. 4 shows the CFD
domain of the packed bed for 5 layers considered in this study. An unstructured computational grid with 2, 4 and 6 million cells in total was
used for the simulation of the packed bed with 5, 10 and 15 numbers
of layers, respectively. On the surface of the particles, a number of layers
with prismatic grid (10 layers) are used to resolve the viscous sublayer.
It has been assured that the ﬁrst grid point (the thickness of the ﬁrst
layer of the prismatic cells was about 0.007 mm) is located in the viscous sublayer (y+ b 1). The primary air was injected below the bed
with an even distribution and the volatiles represented by CO2 as tracer
gas were released from the surface of the spheres. Moreover, different
planes above the bed were deﬁned to evaluate the mixing state and
mixing time. In the deﬁnition of the packed bed, the reference plane
and the other planes above it are ﬁxed at a certain height for each number of layers studied. This means that all the layers are arranged below
the reference plane (see also Fig. 4).
A simulation matrix was built for each layer to derive the mixing
time based on the primary air velocity and volatile mass ﬂow rate. The
ﬂow simulation was performed for all primary air velocities and volatile
mass ﬂow rates. Then, the mixing state was calculated at each plane deﬁned above the bed. Finally, the mixing time was derived based on the
estimated gas residence time which is necessary to reach the deﬁned
mixing state (here, 0.99 b MS b 1.01).
Therefore, the mixing time can be represented by inﬂuencing parameters like primary air velocity and number of layers considered in
the simulations. To make the model applicable for all fuel particle
sizes, the mixing time can be represented as function of the particle
Reynolds number instead of the primary air velocity. The particle Reynolds number can be deﬁned as follows:

Rep ¼

Vprimary air dv
νair

ð19Þ

where Vprimary air is the primary air released below the particles, νair is
the air kinematic viscosity and dv is the volume diameter.
The volume diameter dv [23] can be derived based on the diameter
of a sphere having the same volume as the biomass particles. The biomass particle volume can be estimated from the average size of the biomass particles.
2.3. Test and veriﬁcation of the streak formation model for small-scale
biomass under-feed stoker furnaces
To investigate and verify the inﬂuence of the streak formation model
on gas phase mixing and reactions, a CFD simulation was performed for
an under-feed stoker furnace (20 kWth).

Fig. 4. CFD domain and boundary conditions for the evaluation of the mixing time above a
packed bed.

The under-feed stoker furnace used for the test of the streak formation model is shown in Fig. 5. The simulation domain comprises the
combustion chamber above the fuel bed till the exit of the hot water
ﬁre tube boiler. For the furnace simulation, an unstructured computational grid with 2 million cells in total was used while 7 layers are
used with prismatic grid with initial prism height of 2 mm to resolve
the viscous sublayer. It is necessary to resolve the viscous sublayer for
small-scale plants since the low Reynolds regions are of high relevance.
However, in larger plants the ﬂow is fully turbulent and it is not economic to resolve the viscous sublayer due to high computational costs.
The fuel is fed on the grate from below and is transported towards the
outer edge of the grate. Primary air is supplied through the grate by nozzles at the bottom which form a concentric ring with the fuel feeding
tube in the centre. The secondary air is injected through the secondary
air inlet channel and is distributed in annular space of secondary air supply (see Fig. 6). There are twelve secondary air nozzles located on the
circumference of the burner. However, every third nozzle is blocked
and only eight nozzles are open in this case study. The secondary combustion zone is located after the secondary air is introduced. Moreover,
there is no ﬂue gas recirculation considered in this case study. Moreover, false air supply into the combustion chamber due to the ash removal system is considered. A certain amount of leakage air (10% of
primary air), obtained from measurements during test runs, was taken
into account in the simulation as false air.
The water side of the ﬁre tube boiler walls was not included in the
simulation. A convection boundary condition with 75 °C (average
water temperature) and a typical heat transfer coefﬁcient for water in
forced convection (2000 W/m2 K) are used as framework conditions
for the ﬁre tube boiler walls.
The simulations were performed for two biomass fuels, wood pellets
and straw pellets, for which the experimental data concerning CO and
NOx emissions were available. Table 1 provides the most relevant operating conditions of the furnace and fuel composition.
3. Discussion of the results
3.1. Derivations of the streak formation model constants
An initial case study was performed to investigate the effect of the
number of layers (bed height) on mixing. Fig. 7 shows the mixing
state (Eq. (7)) variations in dependence of bed height for different numbers of layers. In the parametric case studies, the mixing state is calculated as a scalar ﬁeld variable and evaluated in several planes deﬁned
above the packed bed. One can evaluate for each plane the maximum
or minimum value of the tracer gas concentration for the deﬁnition of

Fig. 5. Geometry of the under-feed stoker furnace with a ﬁre-tube hot water boiler.
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Fig. 6. Close-up of the primary and secondary air supplies.

the mixing state. In the present study, the maximum value of the mixing
state is determined at each plane. By doing this, the mixing state is derived in dependence of the height above the bed.
The results show a strong effect of the number of layers (bed height)
on mixing. Hence, it was considered as an independent parameter. Afterwards, a simulation matrix was deﬁned in order to investigate the effect of primary air velocity and volatile mass ﬂow rate variations on the
mixing (mixing state) for each number of particle layers deﬁned (5, 10
and 15 layers).
Fig. 8 shows the mixing state in dependence of bed height for different volatile mass ﬂow rate variations at two selected primary air velocities and under consideration of 10 layers. The results conﬁrm that the
effect of volatiles is insigniﬁcant on the mixing in comparison to the effect of primary air mass ﬂow rate since the fraction of the volatile release
rate to the primary air is low (e.g. 0.1–0.3). Because the mass ﬂow of volatiles compared to the primary air mass ﬂow is low and hence was expected to have an insigniﬁcant effect on mixing in comparison to the
primary air ﬂow rate, a value considerably higher than the reference
value was investigated ﬁrst. Since it showed nearly no difference to
the results with the reference value, a reduction of the amount of ﬂue
gas below the reference value was expected to have even less effect
and it was thus not investigated.
The effect of primary air velocity variations on the mixing state for
different numbers of layers (10 and 15 layers) is shown in Fig. 9. The results in Fig. 9 are shown in dependence of particle Reynolds number instead of velocity. The results indicate that the mixing state strongly

depends on the particle Reynolds number and, therefore, primary air
velocity. The change of the slope in Fig. 9 in the range of 15–20 mm
could be explained by a change in the ﬂow regime from laminar to turbulent conditions (i.e. transition regime) in the range between Rep =
237–947 (−) (i.e. the primary air velocity is in the range between 0.7
and 1 (m s−1)). Hence, the length of the streaks in dependence of particle Reynolds number (deﬁned by the criterion for fully mixed conditions) is oscillating in this range. As already explained, the mixing
function is a linear correlation between the mixing time and the gas residence time. The mixing time is a constant, which is a value of the gas
residence time at fully mixed conditions (MS = 1). Since the mixing
state as a function of the height above the bed shows an asymptotic behaviour (fully mixed conditions with MS = 1 will never be reached) a
certain tolerance has to be deﬁned to achieve the mixing time. The tolerance has to be in a certain range in order to minimise its inﬂuence.
Therefore, on the one hand the value of the mixing state (for fully
mixed conditions) has to be close to one. On the other hand (as can be
seen in Fig. 9) it should be on the branch of an individual curve with a
rapid change of the mixing state, since on the ﬂat branch the mixing
time and hence the mixing function strongly changes when varying
the tolerance and hence the mixing state. The evaluation of mixing
time (tfm) was done based on a certain error tolerance (here 1%) since
the mixing state has asymptotic behaviour that means it never reaches
the perfect mixing condition (i.e. MS = 1). The red line in Fig. 9 represents the error tolerance used to derive the mixing time. It has been

Table 1
Operating conditions and fuel characteristics of the furnace.
Operating conditions

Unit

Wood pellets

Straw pellets

Nominal boiler load
Adiabatic ﬂame temperature
Flue gas recirculation ratio
λPrim
λtotal

kW
°C
–
–
–

21
1501
0
0.64
1.58

19
1360
0
0.69
1.71

Fuel composition

Unit

Wood pellets

Straw pellets

Ash
C
H
O
N
S
Moisture content
GCV
NCV

Mass fraction d.b.
Mass fraction d.b.
Mass fraction d.b.
Mass fraction d.b.
Mass fraction d.b.
Mass fraction d.b.
Mass fraction w.b.
MJ/kg d.b.
MJ/kg w.b.

0.40
50.10
5.70
43.77
0.07
0.0
8.10
20.24
17.24

7.30
46.10
5.80
40.20
0.54
0.17
8.10
18.56
15.69

Explanations: w.b.: wet basis; d.b.: dry basis; GCV: gross caloriﬁc value; NCV: net caloriﬁc
value; λprim: primary air ratio related to primary air supplied below the grate including the
false air; λtotal: total air ratio related to total amount of air supplied.

Fig. 7. Maximum mixing state above the bed (–) evaluated for different numbers of layers.
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Fig. 8. Maximum mixing state (–) evaluated for different volatile release rates for 10 layers (left: primary air velocity 1 (m s−1), right: primary air velocity 7 (m s−1)).

conﬁrmed that 1% error tolerance is ﬁne enough for all cases considered
to derive the mixing time.
Fig. 10 shows the mixing time behaviour in dependence of the particle Reynolds number as well as the number of layers. For all layers considered, a trend concerning the mixing time in dependence of the
particle Reynolds number was found. The non-monotonic behaviour
in Fig. 10 could also be explained by a change in ﬂow regime from laminar to turbulent conditions (i.e. the transition regime) (see Fig. 9).
Hence, the length of the streaks in dependence of particle Reynolds
number (deﬁned by the criterion for fully mixed conditions) is oscillating in this range. The results showed that the mixing time of the streaks
increases as the particle Reynolds number increases. Generally, at lower
particle Reynolds numbers the mixing time is lower. This attributes to a
higher residence time of the ﬂue gas due to lower primary air velocities

which results in a shorter streak length above the packed bed. The
mixing time increases as the particle Reynolds number (i.e. primary
air velocity) rises due to a higher streak length above the packed bed.
Moreover, the mixing time for all particle Reynolds numbers is lower
for a larger packed bed height since a higher residence time inside the
packed bed improves mixing of primary air and volatile matter. The results of this case study serve as look-up table for the calculation of the
mixing time in dependence of the different inﬂuencing parameters.
For practical application (e.g. the furnace simulation with the streak formation model — see Section 3.2) the mixing time (tfm) can be retrieved
by a linear interpolation between the calculation points through an estimation of the particle Reynolds number and the number of layers. The
particle Reynolds number can be easily calculated from the velocity proﬁle speciﬁed by the empirical packed bed model along the grate and the

Fig. 9. Maximum mixing state (–) evaluated for different particle Reynolds numbers (left: 10 layers, right: 15 layers). (For interpretation of the references to colour in the text, the reader is
referred to the web version of this article.)
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Fig. 10. Mixing time (s) for different particle Reynolds numbers and different numbers of
particles.

average particle diameter (e.g. volume diameter [23]). Also, the number
of layers can be estimated by the initial estimated height of the packed
bed and the diameter of the fresh biomass fuel fed. The number of layers
represents the number of particles that can be stacked in that length
(e.g. length divided by the diameter of particles). Since the total number
of particles on the bed remains constant on average for a certain operating condition, also the number of layers remains constant over the grate
length.

3.2. Test of the steak formation model for a biomass under-feed
stoker furnace
In this section, the results for the simulation of the 20 kW biomass
under-feed stoker furnace are shown. The mixing function needs to be
evaluated for the present case to investigate the effect of the streak formation model on the combustion simulation. Therefore, the mixing
function evaluation is presented for the case wood pellets. However,
the same approach was applied to derive the mixing function for
straw pellets (not shown here). Fig. 11 (left) shows the calculated particle Reynolds number as well as the number of layers along the grate
for wood pellets as fuel. The particle Reynolds number was calculated
based on the velocity proﬁle calculated with the empirical packed bed
model (the maximum primary air velocity was about 2.5 [m s− 1] in
the present case). The particle diameter was estimated from the volume

9

diameter (see Section 2.2) (the wood pellet particles were assumed as
spheres with a dv = 6 [mm]). The number of layers can be estimated
by the initially estimated height of the packed bed and the diameter of
the fresh wood pellets fed. The kinematic viscosity of the ﬂue gas was
taken from the CFD simulation results stored in the centre of the cells
along the grate surface. A tetrahedral mesh was applied, which results
in different distances from the grate surface (boundary of the simulation
domain). Since the temperature proﬁle values calculated with the empirical packed bed model and applied as boundary condition of the
CFD simulation are not the same as the gas temperatures stored in the
centre of the adjacent cells, the varying cell centre distances from the
surface of the grate causes ﬂuctuations in gas temperature and, therefore, of the viscosity as a function of the gas temperature. Therefore,
the particle Reynolds number proﬁle shows disturbances (Fig. 11
(left)). To derive a mixing time proﬁle along the grate (Fig. 11 (right))
the values were retrieved from the look-up table for the mixing time
(as described in Section 3.1). In the present case the mixing time
could also be simpliﬁed by a constant value. But since using release proﬁles with varying inﬂuencing parameters on the mixing time, the range
of the mixing time is not known in advance. Therefore, a method is
needed for the calculation of mixing time proﬁles. Hence, the proﬁle
of the mixing time is used as an initial boundary condition at the surface
of the fuel bed. Then a transport equation is solved to obtain the mixing
time as a ﬁeld variable in the CFD domain. Therefore, the mixing time
has a higher relevance in comparison to the initial conditions.
The shrinkage of the particles along the grate is implicitly considered
in the simulations since the shape of the fuel bed and the path of particles along the grate is assumed based on visual observation. Furthermore, it is assumed, that the number of particles (i.e. 5) and the
horizontal velocity on the grate remain constant along the grate, since
the initial values of mass ﬂux, particle size and particle density are
held constant, and moreover, the entrainment of particles from the
grate and the fragmentation of the particles are neglected. With the information of the locally assumed bed height and the initial values of particle density, porosity and particle mass ﬂux, the local particle volume
and shrinkage respectively, can be estimated (the diameter change is
thus implicitly considered).
Finally, two transport equations were solved, one for the gas residence time and the other for the mixing time, to derive the local mixing
function deﬁned in Eq. (8). Fig. 12 shows the contour plots of gas residence time (left) and the mixing function (right) derived from Eq. (8).
Finally, the mixing function deﬁned is linked with the hybrid combustion model. The mixing function indicates that a major part of the reaction zone above the packed bed is inﬂuenced by streak formation. The
mixing function as deﬁned shows the degree of mixing above the grate.
The value 0 means no mixing and 1 means fully mixed. As can be seen
from Fig. 12 (right), the mixing function varies between 0 and 1. The

Fig. 11. Particle Reynolds number (–) and number of particle layers (–) (left) as well as estimated mixing time (s) interpolated from calculation points of Fig. 10 (right).
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Fig. 12. Gas residence time (s) (left), and mixing function (–) (right) evaluated for wood pellets as fuel.

mixing function is non-uniform, especially, above the grate up to the
secondary air nozzles.
Flue gas temperature and O2 concentrations calculated with all
models for both wood pellets (top) and straw pellets (bottom) are
shown in Figs. 13 and 14, respectively. The simulations show for
both cases low O 2 concentrations (see Fig. 14) and high ﬂue gas
temperatures (see Fig. 13) in the major reaction zone above the
fuel bed in the primary combustion zone as well as close to the secondary air injection. Here, also the peak ﬂue gas temperatures can
be observed.
The regions addressed correspond to increased combustion progress
which is more pronounced in the case of EDC and hybrid simulations
than in the case of the EDM simulation. The higher ﬂue gas temperatures predicted with the EDC compared to the EDM are attributed to
the Magnussen constant of the EDM model [8] which is systematically
adapted for biomass grate furnaces by a comparison with CO emission

and temperature measurements [11,14]. Accordingly, a reduction of
the mixing and the reaction rate compared to the original model is
achieved. Therefore, the EDC, where no tuning is done, predicts higher
reaction rates, which rise the temperatures. The higher temperatures
predicted with the hybrid model compared to the EDC are pertaining
to inﬂuence of the combustion models (e.g. FRK or EDC model) in the
hybrid model which depend on the local turbulent Reynolds number
of the ﬂow. Hence, it is of interest to investigate the ﬂow regime in the
combustion chamber. Fig. 15 shows the ﬂue gas temperatures and the
turbulent Reynolds number obtained with different gas phase reaction
models for wood pellets as fuel. The ﬁgure shows that the turbulent
Reynolds number is lower than 64 in the major reaction zones that
are indicated by high temperature zones above the fuel bed at the
outer edge of the grate as well as close to secondary air injection and,
therefore, the reaction rate in the hybrid model is calculated mostly
with the FRK model in these regions.

Fig. 13. Iso-surfaces of ﬂue gas temperatures (°C) in a vertical cross-section of the furnace for wood pellets (top) and straw pellets (bottom).
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Fig. 14. Iso-surfaces of O2 concentrations (vol.% dry) in a vertical cross-section of the furnace for wood pellets (top) and straw pellets (bottom).

The ﬂue gas temperatures predicted with the hybrid-streak model
are somewhat different. It was shown that the major part of the reaction
zone above the packed bed is also inﬂuenced by streak formation (i.e.
the mixing function) (see Fig. 12). It is clear that the combustion progress is slowed down by the hybrid-streak model in the regions where
the streaks exist (above the grate). The same trend can be found for
the O2 concentration ﬁelds. As can be seen from Fig. 14, the O2 concentrations calculated with the hybrid-streak model are higher, especially
in the primary combustion zone, because the combustion progress is
delayed due to a poor mixing caused by the presence of streaks.
Signiﬁcant differences can also be observed in the prediction of CO
concentrations with the EDM, the EDC, the hybrid model and the
hybrid-streak model as shown in Fig. 16. Generally, the EDC and hybrid
model resulted in a much faster CO oxidation, especially in the regions
of intense mixing in the primary combustion zone and in the region directly after the secondary air injection, while the EDM with the mixing
parameter applied leads to a generally slower CO oxidation. Therefore,

EDC and hybrid led to signiﬁcantly lower CO levels further downstream
in the secondary combustion zone and at boiler inlet.
Moreover, the slight differences in the CO concentrations between
the EDC and the hybrid model are mainly due to a higher reaction rate
caused by a higher contribution of the FRK model, where micromixing plays no role (see Tables 2 and 3).
The CO prediction with the hybrid-streak model is higher than for
the EDC and the hybrid model since the combustion progress is delayed
due to the presence of streaks (see Fig. 12) mainly in the primary combustion zone. The predicted CO concentrations at boiler outlet for both
wood and straw pellets are given in Tables 2 and 3. For wood pellets
(see Table 2), the calculated CO value predicted with the hybridstreak model is in best agreement with the measured values. The better
prediction with the hybrid-streak model can be explained by a delay in
the CO oxidation, since the net reaction rate in the hybrid-streak model
is multiplied by the mixing function, therefore, the regions above
the major ﬂue gas release zone and the reaction fronts are mainly

Fig. 15. Iso-surfaces of ﬂue gas temperatures (°C) (left) and turbulent Reynolds number (–) (right) in a vertical cross-section of the furnace (up to the upper edge of the refractory lining)
evaluated for wood pellets as fuel.
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Fig. 16. Iso-surfaces of CO concentrations (ppmv) in a vertical cross-section of the furnace for wood pellets (top) and straw pellets (bottom).

inﬂuenced by mixing function. The CO values calculated with the EDC
model are in better agreement with measured values than the hybrid
and the EDM model. The hybrid model results in a much faster CO oxidation, since the major part of the reaction progress is calculated with
the FRK, while in the EDM the reaction rate is mainly controlled by
the mixing constant, Amag [8] which is tuned [11,14]. In the case of
straw pellets, the CO values predicted with the hybrid-streak model
are in better agreement than the EDC and hybrid model due to a more
accurate prediction of mixing processes above the packed bed. The CO
values predicted with the EDC and hybrid model are too low in comparison with the measured values. The EDM gives the best agreement with
the measured CO values. As already explained, the eddy dissipation rate
is directly proportional to the value of the modelling constant Amag [8]
and to the mean eddy lifetime, k/ε where the value of Amag is lowered
from the originally proposed value, Amag = 4, to Amag = 0.8 for the simulation of small scale biomass combustion plants [11,14]. Besides, there
is no explicit modelling of streaks with the EDM model and the model is
valid for highly turbulent ﬂows which mean that the best agreement in
this case is due to good tuning for grate combustion plants but a model
which can predict reliable CO burnout rates without tuning would be
preferable. A clear drawback of the EDM in combination with global reaction mechanisms is that it is not able to describe complex interactions
of turbulence and multi-step reaction kinetics. Besides, when modelling
gas phase combustion with the EDM basically we are already tuning the
model constant Amag by nearly an order of magnitude. This is actually
not satisfactory since tuning of model constants over such a wide
range may lead to a limited validity range linked with wrong predictions under deviating conditions (e.g. the effect of mixing may be
overestimated especially in kinetically limited zones). In order to

avoid this, the EDC and the Hybrid model, which provide a more fundamental prediction of gas phase reactions, have been applied. However,
they are more sensitive to the boundary conditions at the surface of
the fuel bed (turbulence and mixing degree) and hence need an additional model, which explicitly considers the effects of streaks on the
mixing. By introducing this model, no tuning of the gas phase combustion model to ﬁxed bed combustion is necessary.
The characteristics of reacting radicals (e.g. OH and O) are important
for an in-depth understanding of the combustion and NOx formation
processes [14]. These radicals are of high relevance especially for the
formation of NOx. The OH and O species calculated with the EDC, hybrid
and hybrid-streak model for straw pellets are shown in Fig. 17. The OH
and O species are generally predicted highest with the hybrid-streak
model since the rates of production or destruction of the species
are slowed down due to multiplication of the mixing function (see
Eq. (18)).
As known from already performed research [24,25], NOx formation
in ﬁxed bed biomass combustion plants is dominated by fuel NOx. Moreover, NO is the clearly dominating species formed [25].
As already mentioned, a skeletal reaction mechanism (28 species
and 102 reactions in total) was applied [15] for the simulation of NOx
formation, and the simulation was performed in a post-processing step.
Experimental data of the combustion and release behaviour for a variety of solid biomass fuels have been gained through several measurement campaigns in a lab-scale packed bed pot furnace reactor [24,25].
These experimental data include the concentration proﬁles of the N
containing species NO, NH3, HCN, NO2 and N2O released from the fuel
bed over time. The measured proﬁles are utilised for the derivation of
release functions for the most relevant NOx precursors measured. The

Table 2
Predicted CO concentrations with the EDM, EDC, hybrid and hybrid-streak models in comparison to measurements for wood pellets.

Table 3
Predicted CO concentrations with the EDM, EDC, hybrid and hybrid-streak models in comparison to measurements for straw pellets.

Average CO
concentration

Unit

Boiler outlet
Boiler outlet

[ppm dry]
[mg/Nm3 13
vol.% O2 dry]
[%]

Deviation
(percent error)

Simulations
EDM

EDC

16
10

19
15

−65

−48

Measurement
Hybrid
5
3
−89

Hybridstreak
30
22
−24

38
29

Average CO
concentration

Unit

Boiler outlet
Boiler outlet

[ppm dry]
[mg/Nm3 13
vol.% O2 dry]
[%]

Deviation
(percent error)

Simulations
EDM
13
10
−23

EDC

Measurement
Hybrid

Hybridstreak

4
3

3
2

29
27

−76

−84

107

16
13
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Fig. 17. Iso-surfaces of OH concentration (ppmv dry) (top) and O concentration (ppmv dry) (bottom) for straw pellets in a vertical cross-section of the furnace.

release functions of fuel nitrogen depend on the local air ratio (lambda),
the nitrogen content of the fuel as well as the N binding in the fuel (the
kind of biomass fuel). The most important NOx precursor detected
above the fuel bed for wood (spruce) and straw pellets under fuel rich
conditions is NH3, while HCN is almost insigniﬁcant. NO is detected
mainly under air rich conditions (charcoal burnout) [25]. Furthermore,

the experimental data are utilised to derive release functions for the relevant NOx precursors NO, NH3 and HCN. The release functions were implemented in an in-house developed empirical packed bed combustion
model [24,25], which serves as a basis for the subsequent CFD gas phase
simulation of N species conversion. Figs. 18 and 19 show the NO, NH3
and HCN proﬁles calculated with the EDC, hybrid and the hybrid-

Fig. 18. Iso-surfaces of HCN concentrations (ppmv) (left), NH3 concentrations (ppmv) (middle) and NO concentrations (ppmv) (right) calculated with the EDC model (top), the hybrid
model (middle) and the hybrid-streak model (bottom) for wood pellets.
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Fig. 19. Iso-surfaces of HCN concentrations (ppmv) (left), NH3 concentrations (ppmv) (middle) and NO concentrations (ppmv) (right) calculated with the EDC model (top), the hybrid
model (middle) and the hybrid-streak model (bottom) for straw pellets.

streak model for wood pellets and straw pellets, respectively. Generally,
distinct areas can be observed, where the release of NO, HCN and NH3
takes place. NO is released in the air-rich zone towards the outer edge
of the grate. NO is formed in regions where high temperatures and high
concentrations of O and OH radicals prevail [26,27]. The locations,
where the NO has been released are co-located with high concentrations
of O and OH radicals above the bed (see Fig. 17 for straw pellets). In contrast, NH3 and HCN are primarily released from the main in-bed
devolatisation/gasiﬁcation zone. These differences result from the local
differences in the in-bed availability of the oxidiser (see Fig. 14), which
in turn depends on the amount and distribution of primary air under
the grate as well as on the in-bed thermal conversion processes. The distribution of N-containing species in the gas phase results from the simultaneous formation and reduction processes, taking place in different
regions of the combustion chamber and depends on many factors.
The regions, where NO reduction takes place in the combustion
chamber, can be observed by looking at reaction N2 + O ⇔ NO + N

[14] (NO reduction) as shown in Figs. 20 and 21 for both wood pellets
and straw pellets. Generally, NO released from the fuel bed as well as locally formed in the gas phase is primarily consumed in the primary combustion zone (see Fig. 13, O2 distribution). Here, products of NH3 (and
HCN) breakdown act as reducing agents, as can be seen by comparing
proﬁles of NO, NH3 and HCN (see Figs. 18 and 19) and the kinetic reaction
rate of N2 (see Figs. 20 and 21 (left)). The regions of high NH3 concentrations and low availability of O2 overlap with the regions of an increased
NO reduction. Simultaneously, NO is locally produced in the primary
combustion zone in the outer grate zones, above the fuel bed, as well as
in front of the secondary air jets at the oxygen rich side of the ﬂame
(see Fig. 13). Processes related to NO formation and reduction are also
relevant close to the area affected by the injection of secondary air.
Generally, the higher NO formation in the case of straw pellets (see
Tables 4 and 5), especially in the primary combustion zone, is mainly
attributed to the higher fuel nitrogen content (approximately seven
times higher than wood pellets) (see Table 1). Fig. 22 shows the NOx

Fig. 20. Iso-surfaces of reaction rates for the reaction N + NO → N2 + O (reduction to N2) (kmol/(m3 s)) (left), for the reaction N2 + O → N + NO (NO formation from N2) (kmol/(m3 s))
(middle) and for the net reaction rate of NO formation (kg/(m3 s)) (right) calculated with the EDC model (top), the hybrid model (middle) and the hybrid-streak model (bottom) for wood
pellets as fuel.
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Fig. 21. Iso-surfaces of reaction rates for the reaction N + NO → N2 + O (reduction to N2) (kmol/(m3 s)) (left), for the reaction N2 + O → N + NO (NO formation from N2) (kmol/(m3 s))
(middle) and for the net reaction rate of NO formation (kg/(m3 s)) (right) calculated with the EDC model (top), the hybrid model (middle) and the hybrid-streak model (bottom) for straw
pellets as fuel.

emissions in dependence of the fuel nitrogen content for different biomass fuels. The experimental data are from different plants ﬁred with
different fuels [28,29]. The intention is to show the trends of NOx emissions in dependence of different biomass fuels used with varying fuel nitrogen contents and to check if the simulated values predicted are in the
correct range. The simulation results (NOx simulation with the hybridstreak model) are also provided in the ﬁgure. The results indicate that
a higher N content of the fuel leads to higher NOx emissions in the gas
phase during the combustion process.
The simulation results with the EDC, the hybrid and the hybridstreak model show substantial differences in terms of NOx proﬁles for
wood pellets and straw pellets. Fig. 23 shows the NOx proﬁles predicted
with the different models for wood pellets (top) and straw pellets (bottom). The predicted NOx concentrations at boiler outlet for both wood
pellets and straw pellets are given in Tables 4 and 5. According to the
hybrid model, the major part of the reaction zones is located above
the grate as well as in front of the secondary air jets, where the turbulent
Reynolds number is lower than 64. Therefore, the reaction progress is
mainly calculated with the FRK model, whereas micro-mixing plays
no important role. This causes a higher net reaction rate of NO in
these regions (see Figs. 20 and 21 (middle)). However, in the EDC, the
reaction progress is always inﬂuenced by micro-mixing. According to
this model, the ﬂuid is in any case mixed on a micro-scale and the reactions ﬁnally take place in the ﬁne structures [9] of the ﬂuid, where the
reactants are mixed on a molecular level. Hence, the EDC fails to predict
reactive ﬂows in laminar and moderately turbulent situations. Therefore, in this case, the EDC leads to a higher NOx reduction, since NOx formation in the outer air-rich zone in the primary combustion zone is
stronger decreased than the NOx reduction in the air lean zone of the

primary combustion zone (see Tables 4 and 5). Furthermore, the NOx
formation processes according to the hybrid-streak model are
completely different from the EDC and the hybrid model.
Here, it can be seen that the spatial distributions of NO, NH3 and HCN
are different especially above the fuel bed (see Figs. 18 and 19). These
differences are mainly attributed to the different oxygen and radical
(O and OH) concentrations that are inﬂuenced by streak formation
(i.e. mixing function).
The results for both cases show that the predictions are improved with
the hybrid-streak model. This can be explained with the more accurate
prediction of the species mixing process above the fuel bed and, therefore,
of the radicals, that are important for NOx formation processes. This
means that in the case for straw pellets with a high fuel nitrogen content,
where the NOx formation is dominated by the reaction progress in the reduction zone, which is slowed down by the mixing function since it is
multiplied by the net reaction rate in the hybrid-streak model, higher
NOx emissions are predicted than with the other models. For wood pellets with a very low nitrogen content and hence a low concentration
of the NOx reducing agent NH3, the overall NOx reaction progress is
dominated by the NOx formation in the air rich zone of the primary
combustion zone, which is again slowed down by the presence of
streaks, leading to lower NOx emissions than for the other models.

Table 4
Predicted NOx concentrations with the EDC, hybrid and hybrid-streak models in
comparison to measurements for wood pellets as fuel.

Table 5
Predicted NOx concentrations with the EDC, hybrid and hybrid-streak models in
comparison to measurements for straw pellets as fuel.

Average NOx
concentration

Unit

Boiler outlet
Boiler outlet

[ppm dry]
[mg/Nm3 13
vol.% O2 dry]
[%]

Deviation
(percent error)

Simulations

Measurement

EDC

Hybrid

Hybridstreak

118
146

132
165

110
135

12

26

5

105
130

4. Summary and conclusions
A streak formation model has been developed to account for the effects of gas streaks arising from the fuel bed of grate combustion plants
on gas mixing and reactions. The streak formation model is based on a
correlation between the local gas residence time and a mixing time in

Average NOx
concentration

Unit

Boiler outlet
Boiler outlet

[ppm dry]
[mg/Nm3 13
vol.% O2 dry]
[%]

Deviation
(percent error)

Simulations
EDC

Hybrid

Measurement
Hybridstreak

167
220

186
247

352
466

−41

−34

23

286
380
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Fig. 22. NOx emissions in dependence of the fuel nitrogen content for different biomass fuels [25,28,29]. Explanations: SRC: short rotation coppice.

which the mixing time is the necessary time to reach the fully mixed
condition in the ﬂue gas. A mixing state deﬁnition is introduced in
order to evaluate the degree of mixing above the packed bed. The gas
residence time introduced in the streak formation model is obtained
by solving a scalar transport equation. A series of packed bed CFD case

study simulations has been carried out to derive the mixing time to be
considered in the streak formation model. The primary air velocity, volatile mass ﬂow rate and number of particles (bed thickness) were identiﬁed as inﬂuencing parameters for the derivation of the mixing time.
The results of the CFD packed bed case study serves as look-up table

Fig. 23. Iso-surfaces of NOx concentrations (ppmv dry) in a vertical cross-section of the furnace for wood pellets (top) and straw pellets (bottom).
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for the calculation of the mixing time in dependence of the different
inﬂuencing parameters. The mixing time can be retrieved by a linear interpolation between the calculation points in dependence of the particle
Reynolds number and the number of fuel layers. Furthermore, the application of the streak formation model has been veriﬁed for an under-feed
stoker grate furnace for wood and straw pellets.
The EDM, EDC and hybrid gas phase reaction models are used for the
simulation of turbulent reactive ﬂow in the combustion chamber. In the
case of the hybrid model, an additional simulation has been performed
where, the hybrid and streak formation model have been coupled.
The results from the under-feed stoker case studies show that for
both fuels investigated, the streaks have relevant inﬂuence on the combustion process regarding ﬂue gas temperature, O2 distribution and CO
emissions. Moreover, the formation of reacting radicals (e.g. O and OH),
especially, in the region above the bed are inﬂuenced by streak formation
since the reaction progress is delayed caused by the incomplete mixing.
In a next step, NOx simulations have been performed in a postprocessing approach based on the solution obtained from the combustion simulations. The distribution of the NH3, HCN and NO proﬁles
shows that streak formation has a strong inﬂuence on the spatial distributions of the aforementioned species. This is mainly due to the slowdown of the reaction rate predictions caused by the streaks. The NOx
emissions calculated with the hybrid-streak model show the best agreement with measured values. In conclusion, the streak formation model
in combination with the hybrid gas phase combustion model shows a
clear potential for an improved NOx prediction since it considers species
mixing and reaction processes above the fuel bed with a higher accuracy. In the future, extensive validation simulations for real-scale plants
are foreseen in order to validate and evaluate the model in more detail
and for different framework conditions.
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Cfm: tracer gas concentration in the fully mixed gas (–)
C(t): local tracer gas (–)
Db: molecular diffusivity (m2 s−1)
Dt: turbulent diffusivity (m2 s−1)
d : volume diameter (m)
!v
J i : diffusion ﬂux of species i (kg m−1 s−1)
m•: mass ﬂow rate (kg s−1)
MS: mixing state (–)
MF: mixing function (–)
Rep: particle Reynolds number (–)
Ret: turbulent Reynolds number (–)
Ri: net rate of production of species i by chemical reaction (kg m−3 s−1)
Sφk : source term (kg m−3)
Sct: Schmidt number (–)
t: residence time (s)
Δt: time step (s)
u: ﬂuid velocity (m s−1)
UDF: user-deﬁned function
UDS: user-deﬁned scalar
V: volume (m3)
V•: volumetric ﬂow rate (m3 s−1)
Yi: mass fraction of species i (–)
Greek symbols

ε: turbulent dissipation rate (m2 s−3)
ν: kinematic viscosity (m2 s−1)
ρ: density (kg m−3)
!
υ : velocity vector (m s−1)
φk: scalar quantity (residence time) (s)
Γk: diffusion coefﬁcient (m2 s−1)
μt: turbulent viscosity (kg m−1 s−1)
μl: laminar viscosity (kg m−1 s−1)
Subscript

EDC: eddy dissipation concept
FRK: ﬁnite rate kinetics
i: species index
t: turbulent
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